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Abstract 

 
          In this paper , we study a subclass of functions which are univalent and 
analytic functions in the unit disk U . We obtain coefficient estimates , distortion 
bounds and some results. 
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1. Introduction 
 
Let  Ω  denote the class of the functions defined by  
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Which are univalent and  analytic in the unit disk  { }1: <∈= zCzU  . We 
defined a subclass K  of  Ω  consisting of functions defined by 
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A function  )(zf  belong to the class ),,,( λθβαH  if  satisfies  
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   where 10 <≤θ , 10,,0,10 <<∈≥≤≤ αβλ Uz ,  and  
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The Hadamard product or (convolution) defined by next definition . 
 
Definition  1 : 
If  )(zf  defined by (2) and )(zg  defined by (4) . Then the Hadamard product or 
(convolution) defined by the form : 
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and Uz∈ . 

Definition  2 : [3] 
Fractional derivative of order α  of analytic function )(zf  is defined by  
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where )(zf  is an analytic function in a simply – connected region of the −z plane 
containing the origin, and the multiplicity of α−− )( tz  is removed by requiring 

)log( tz −  to be real , when )( tz − is greater than zero . Clearly   
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Definition 3: [6] 
Fractional integral of order α  of analytic function )(zf  is defined by  
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where )(zf  is an analytic function in a simply – connected region of the −z plane 
containing the origin, and the multiplicity of 1)( −− αtz  is removed by requiring 

)log( tz −  to be real , when 0)( >− tz   . 
 
Definition 4: [6] 
[Under the condition of Definition 3] the fractional derivative of order α+n    

,...)2,1,0( =n  is defined by  
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Then , from (10) we get  
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Lemma 2: [1] 
Let ivuw +=  . Then σ≥wRe  if and only if  
                  )1()1( σσ −+≤+− ww  
 
Lemma 3: [1] 
       Let ivuw +=  and γσ ,   are real numbers. Then  
 >wRe γσ +−1w  if and only if { }φφ σσ ii eew −+ )1(Re γ> . 
Some another class studied by W. G. Atshan and S. R. Kulkarni [2] ,S.Ponnusamy 
[4]H. M. Srivastava [5].  
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2. Coefficient Estimates  
 
     In the next theorem we get the sufficient condition for the function  )(zf  in 
the class  ),,,( λθβαH  . 
 
Theorem 1: 
The function )(zf  defined by (2) is 'in the class ),,,( λθβαH  if and only if  
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where 10 <≤θ , 10,0,10 <<≥≤≤ αβλ , 
 
Proof: 
 By Definition 3 , we get 
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3. Distortion Theorem 
 
        In the next theorem , we obtain the distortion theorem for 

).,,,()( λθβαHzf ∈  
 
Theorem 2: 
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In the next theorem , we shall prove that the class ),,,( λθβαH  is closed under 
arithmetic mean and convex linear combinations . 
Now , we defined the function )(zfk  by  the form  
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Theorem 4: 
 The class ),,,( λθβαH  is closed under linear combinations . 
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